expansion in terms of these variables requires much space in order to set down the formule for the operators to the sixth powers of the eccentricities. By the formulx of this paper these operators are at once written down to any order whatever from a general formula which in form is nothing else than a combination of the coefficients in the binomial theorem.
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1 Mem. Roy. Astron. Soc., 29, pp. 260, 261 (1860 The proof of the following results has been given and will appear in amplified form elsewhere, along with certain related results, at present obtained.
Consider first an analytic function of the complex variable z, f(z), and two given points z = a, z = b, a $ b. A unique polynomial P2,n(z) of degree at most equal to 2n -1 exists, whose derivatives of orders 0, 2, ..., 2n -2 at z = a, z = b are equal, respectively, to the corresponding derivatives of f(z) at a and b (by a derivative of order 0 is understood the function itself). Sufficient conditions for the convergence of P2,,,(z) to f(z) as n becomes infinite, are given by Theorem A; Theorem B gives necessary and sufficient conditions for the convergence of P2,"(z) (but not necessarily to f(z)); Theorem C then gives necessary conditions for the convergence of P2,n(Z) to f(z), that are almost sufficient.
We refer to a function g(z) as even about a point z = c if g(c + z) = g(cz) for all z; a similar meaning will be attached to the term odd about a point.
where e(z) is even about (a + b)/2, and o(z) odd about (a + b)/2. In order that P2,,, (z) converge to f(z) for all z, and uniformly in any finite region, it is sufficient that f(z) be an integral (entire) function of z, and that
where k, k' are constants. The constants r/ ab , r/ |a -b above cannot be replaced by any larger values.
THZoRZM B. In order that P2,,(z) converge for all z, it is necessary and sufficient that each of the two sums ao (1) n-0 converge. In the latter case the convergence of P2,,n (z) is uniform over any where D, D' are constants. Next consider, more generally, m given points, z = a,, a2, ..., am, no two of which are alike. There exists a unique polynomial Pm,n(z) of degree at most equal to mn -1, whose derivatives at these m points of orders 0, m, . . ., m(n -1) are equal, respectively, to those off(z) at these points. For m = 1, Pm,n(z) reduces to the first n terms of the Taylor expansion of f(z) about z = a,; for m = 2, Pm,n(z) reduces to the polynomial just considered (with a = a1, b = a2). For any m > 1 sufficient conditions for the convergence of P.,,(z) to f(z) as n becomes infinite are given by THWORJM D. For m > 1 there exists a countable set of values of X for which the system dmu(z)/dzm -Xu(z) = 0, u(ai) = 0, i = 1, 2, ...,m possesses a non-trivial solution. This set has o as its only limit point, and does not include 0. Let Pm be the minimum distance from X = 0 to any of the points of this set.
In order that Pm,, (z) converge to f(z) for all z, and uniformly in any finite region, it is sufficient that f(z) = O(ekIsI) , k < Pm.
For m = 2, Pm = a -bb . The scope of this theorem for m = 2 is less than that of Theorem A to the extent that functions f(z) for which o(z) = 0(ekIzI), k < 27r/ a -b|; o(z) $ O(ek'Is), k' < T/ la-b|, are included in Theorem A but not in Theorem D.
Finally consider an analytic function f of k variables, xl, x2, .. .,Xk where the latter range over a real, finite, simply connected, k-dimensional region R, bounded by a (k -l)-dimensional variety S of sufficient regularity to insure the existence of the solution of the Dirichlet problem for R and its expression by means of Green's function. There will exist a unique function P,, such that V2 +2p, -0 inR, pM= V2p = V2f, .. V2'pn = V2"f on S.
For k = 1 these functions reduce to the polynomials P2, (z) with the range of z restricted to a real interval. Sufficient conditions for the convergence of Pu to f are given by THEORUM E. Let p be the smallest value of X for which a non-trivial solution of V2u+X2u=0 inR, u = 0 onS, exists. In order that P. converge to f uniformly inside R, it is sufficient that the Taylor series off be dominated by the Taylor series of an exponential cea lxl+GX2+. . akXk where C,ai are constants, and a12 + a22 +... + ak2 < P2 * NATIONAL RuSUARCH FSLLoW in Mathematics, 1927 -1929 . VoL. 16, 1930 
